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Zadatak 1080. a) 

1+2+3+...+n = 
𝑛(𝑛+1)

2
  

Za n=1  
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2
 = 

2

2
 T 

Tvrdnja je tačna za barem jedan pridodan broj. 

Ako je tvrdnja tačna za neki prirodan broj, onda treba pokazati da je tačna i za sledeći. 
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Zadatak 1081. b) 
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I. n = 1  
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II. 𝑺𝒏 = 𝑭(𝒏) →  𝑺𝒏+𝟏 = 𝑭(𝒏 + 𝟏) 



3

1∙2
+

7

2∙3
+ ⋯+

𝑛2+𝑛+1

𝑛(𝑛+1)
   

⏟              
 + 

(𝑛+1)2+(𝑛+1)+1

(𝑛+1)(𝑛+2)⏟        
 =  

(𝑛+1)(𝑛+3)

𝑛+2⏟        

         𝑺𝒏 = 𝑭(𝒏)                   𝒂𝒏+𝟏             𝑭(𝒏 + 𝟏)     T 

 
𝑛(𝑛+2)

𝑛+1
+ 

𝑛2+3𝑛+3

(𝑛+1)(𝑛+2)
=  

𝑛(𝑛+2)2+𝑛2+3𝑛+3

(𝑛+1)(𝑛+2)
 =  

𝑛3+5𝑛2+7𝑛+3

(𝑛+1)(𝑛+2)
=

𝑛2(𝑛+1)+4𝑛(𝑛+1)+3(𝑛+1)

(𝑛+1)(𝑛+2)
=  

(𝑛+1)(𝑛2+4𝑛+3)
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𝑛2+4𝑛+3
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(𝑛+1)(𝑛+3)
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Zadatak   1084. b) 

 

 

133|11𝑛+2 + 122𝑛+1  , 𝑛 ≥ 0  

(1)n=0 

𝑎0 = 110+2 + 122∙0+1 =  112 + 121 = 121 + 12 = 133 →    133|𝑎0 = 133 

 

(2) 

133 |𝑎𝑛 = 11
𝑛+2 + 122𝑛+1⏟            →   19| 𝑎𝑛+1 =  11

𝑛+1+2 + 122(𝑛+1)+1  

                          𝑎𝑛    

𝑎𝑛+1 = 11
𝑛+1+2 + 122(𝑛+1)+1 = 11𝑛+2 ∙ 11 + 122 ∙ 122𝑛+1 = 11𝑛+2 ∙ 11 +

144 ∙ 122𝑛+1 =  11𝑛+2 ∙ 11 + (11 + 133) ∙ 122𝑛+1 = 11𝑛+2 ∙ 11 + 11 ∙

122𝑛+1 + 133 ∙ 122𝑛+1 = 11 ∙ (11𝑛+2 + 122𝑛+1)⏟          + 133 ∙ 122𝑛+1⏟         → 133|𝑎𝑛+1   

                                                     𝑎𝑛                  deljivo sa 133   

 



1084. g) 

 

17|62𝑛 + 19𝑛 − 2𝑛+1, 𝑛 ≥ 0  

(1) n=0 

𝑎0 = 6
2∙0
+19

0
−2

0+1
= 1+1−2 = 0  

𝑎0 = 0 → 𝑇  

(2) 

17 |𝑎𝑛 = 6
2𝑛 + 19𝑛− 2𝑛+1    →   17| 𝑎𝑛+1 = 6

2(𝑛+1) + 19𝑛+1 − 2𝑛+1+1  

𝑎𝑛+1 = 6
2(𝑛+1) +19𝑛+1 −2𝑛+1+1 = 62 ∙  62𝑛 + 19 ∙ 19𝑛 − 2 ∙ 2𝑛+1 = 36 ∙

 62𝑛 + 19 ∙ 19𝑛− 2 ∙ 2𝑛+1 = (19+ 17) ∙ 62𝑛 + 19 ∙ 19𝑛 − (19− 17) ∙ 2𝑛+1 =

19(62𝑛+ 19𝑛 − 2𝑛+1)⏟            +17(6
2𝑛 + 2𝑛+1⏟        ) → 17|𝑎𝑛+1  

               𝑎𝑛                         deljivo sa 17 

 

 

Zadatak 1084.đ) 

 

11| 30𝑛 + 4𝑛(3𝑛 − 2𝑛)⏟            − 1, 𝑛 ≥ 0  

                  𝑎𝑛 

𝑎𝑛 = 30
𝑛 + 12𝑛 − 8𝑛 − 1  

(1) n = 0 

𝑎0 = 300 + 120 − 80 − 1 = 0   

𝑎0 = 0 → 𝑇  



 

(2)   

11|𝑎𝑛 = 30
𝑛 + 12𝑛 − 8𝑛 − 1 →   11|𝑎𝑛+1 = 30

𝑛+1 + 12𝑛+1 − 8𝑛+1 − 1  

 

𝑎𝑛+1 = 30
𝑛+1 + 12𝑛+1 − 8𝑛+1 − 1 = 30 ∙  30𝑛 + 12 ∙ 12𝑛 − 8 ∙ 8𝑛 − 1 = 

  

1 ∙ 30𝑛 + 29 ∙ 30𝑛 + 1 ∙ 12𝑛 + 11 ∙ 12𝑛 − 1 ∙ 8𝑛 − 7 ∙ 8𝑛 − 1                                         

= (30𝑛 + 12𝑛 − 8𝑛 − 1)⏟              + 29 ∙  30𝑛 + 11 ∙ 12𝑛⏟    − 7 ∙ 8𝑛   

                                     𝑎𝑛                                  deljivo sa 11 

Dalje je potrebno dokazati da je 𝟏𝟏|29 ∙  30𝑛−7 ∙ 8𝑛 

(1) n = 0  

𝑎′0 = 29 ∙ 30
0 − 7 ∙ 80 = 29 − 7 = 22 → 11|𝑎0 = 22  

 

(2)   

11|𝑎𝑛
′ = 29 ∙ 30𝑛 − 7 ∙ 8𝑛  → 11|𝑎𝑛+1

′ = 29 ∙ 30𝑛+1 − 7 ∙ 8𝑛+1  
 

𝑎𝑛+1
′ = 29 ∙  30𝑛+1 − 7 ∙ 8𝑛+1 = 29 ∙ 30 ∙ 30𝑛 − 7 ∙ 8 ∙ 8𝑛 = 29 ∙ 8 ∙ 30𝑛 +

29 ∙ 22 ∙ 30𝑛 − 7 ∙ 8 ∙ 8𝑛 = 8(29 ∙ 30𝑛 − 7 ∙ 8𝑛⏟          ) + 29 ∙ 22 ∙ 30 𝑛⏟            

                                                        𝑎𝑛
′                      deljivo  

 

→ 11|𝑎𝑛+1  


